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1. Introduction and preliminaries

The notion of a partial metric space (PMS) was introduced in 1992 by Matthews [1,2]. The PMS is a generalization of the
usual metric space in which the d(x, x) are no longer necessarily zero. Recently, many authors have focused on partial metric
spaces and their topological properties (see e.g. [3-6]).

A partial metric space (see e.g. [1,2]) is a pair (X, p : X x X — R™) (where R" denotes the set of all non-negative real
numbers) such that:

(PM1) p(x,y) = p(y, x) (symmetry);
(PM2) if 0 < p(x,x) = p(x,y) = p(y, y) thenx = y (equality);
(PM3) p(x, x) < p(x,y) (small self-distances);

(PM4) p(x,z) +p(y,y) < px,y) + p(y, ) (triangularity);

forallx,y,z € X.
For a partial metric p on X, the function d, : X x X — R* given by

dp(x,y) = 2p(x,y) — p(X,X) — p(¥, y) (1.1)
is a (usual) metric on X. Each partial metric p on X generates a T, topology 7, on X with a base of the family of open p-balls
{By(x,€) : x € X, & > 0}, where B,(x,¢) = {y € X : p(x,y) < p(x,x) + ¢} forallx e Xand ¢ > 0.

Definition 1 (See e.g. [1,2,6]).
(i) A sequence {x,} in a PMS (X, p) converges to x € X if and only if p(x, x) = lim,_, » p(x, X5).
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